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·μÉμ´´Ò¥ ¶ÊÎ±¨ Ê¸¶¥Ï´μ ¶·¨³¥´ÖÕÉ¸Ö ¢ · ¤¨μÉ¥· ¶¨¨. · ¢¨²Ó´Ò° ¢Ò¡μ· ¶ · ³¥É·μ¢ ¶ÊÎ± ¶μ§¢μ²Ö¥É Ê³¥´ÓÏ¨ÉÓ ¢μ§¤¥°¸É¢¨¥ · ¤¨ Í¨¨ ´ μ±·Ê¦ ÕÐ¨¥ §¤μ·μ¢Ò¥
É± ´¨. ‚ · ¡μÉ¥ · ¸¸³ É·¨¢ ¥É¸Ö ¶ ¸¸¨¢´ Ö É¥Ì´¨± Ëμ·³¨·μ¢ ´¨Ö ¶ · ³¥É·μ¢ ¶·μÉμ´´μ£μ ¶ÊÎ± . ·μÉμ´´Ò° ¶ÊÎμ± ¶·μÌμ¤¨É Î¥·¥§ ¸¨¸É¥³Ê Ëμ·³¨·μ¢ ´¨Ö, ±μÉμ· Ö ¸μ¸Éμ¨É
¨§ · ¸¸¥¨¢ É¥²¥°, § ³¥¤²¨É¥²¥° ¶ÊÎ± , ¤·¥°Ëμ¢ÒÌ ¶·μ³¥¦ÊÉ±μ¢ ¨ ±μ²²¨³ Éμ·μ¢. ‘ Í¥²ÓÕ
³μ¤¥²¨·μ¢ ´¨Ö ¶·μÌμ¦¤¥´¨Ö ¶·μÉμ´´μ£μ ¶ÊÎ± Î¥·¥§ ÔÉÊ ¸¨¸É¥³Ê ¡Ò² · §· ¡μÉ ´ ´μ¢ Ö
Œμ´É¥-Š ·²μ ±μ³¶ÓÕÉ¥·´ Ö ¶·μ£· ³³ Track. ·μ£· ³³ Track ¶μ§¢μ²Ö¥É ¶·¥¤¸± § ÉÓ
¶ · ³¥É·Ò ¶·μÉμ´´μ£μ ¶ÊÎ± ¶μ¸²¥ ¶·μÌμ¦¤¥´¨Ö Î¥·¥§ Ô²¥³¥´ÉÒ ¸¨¸É¥³Ò Ëμ·³¨·μ¢ ´¨Ö
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¤μ§´Ò¥ · ¸¶·¥¤¥²¥´¨Ö ¶·μÉμ´´μ£μ ¶ÊÎ± ¢ ¢μ¤´μ³ Ë ´Éμ³¥. Š·μ³¥ Éμ£μ, ¤μ¶μ²´¨É¥²Ó´μ
¢ÒÎ¨¸²ÖÕÉ¸Ö ¶μÉ¥·¨ ¶ÊÎ± ¢ μÉ¤¥²Ó´ÒÌ Ô²¥³¥´É Ì ¸¨¸É¥³Ò.
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²£μ·¨É³, ¶·¨³¥´¥´´Ò° ¢ ¶·μ£· ³³¥ Track. ¥§Ê²ÓÉ ÉÒ ³μ¤¥²¨·μ¢ ´¨Ö £²Ê¡¨´´ÒÌ ¤μ§´ÒÌ
· ¸¶·¥¤¥²¥´¨° ¶·μÉμ´´μ£μ ¶ÊÎ± ¢ ¢μ¤´μ³ Ë ´Éμ³¥ ¸· ¢´¨¢ ÕÉ¸Ö ¸ Ô±¸¶¥·¨³¥´É ²Ó´Ò³¨
¤ ´´Ò³¨ ¨ ¸ ¸¨³Ê²ÖÍ¨Ö³¨ ¶μ ¶·μ£· ³³¥ FLUKA. ˆ¸¸²¥¤μ¢ ² ¸Ó ÉμÎ´μ¸ÉÓ ·¥§Ê²ÓÉ Éμ¢
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Proton beams are successfully used in radiotherapy. A correct modiˇcation of beam
parameters enables to spare normal surrounding tissues from radiation action. Our work is
focused on passive beam-shaping techniques, which are used to modify the proton beam
properties. The beam passes through the scattering system, which consists of scattering
materials, energy degraders, drift spaces and collimators. In order to model the proton beam
transport through the scattering system, the new Monte Carlo (MC) computer code Track has
been developed. The code Track can predict output proton beam parameters modulated by
various system adjustments and helps to optimize them. It calculates a beam proˇle, creates
beam emittance diagram at a speciˇed position of the system and predicts proton beam depthdose distribution in a water phantom. In addition it calculates beam losses on individual
components.
We present a physical model of the beam transport calculations and algorithm implemented
in a code Track. We compared the Track code calculations of depth-dose distributions in water
phantom with experimental data and with a set of MC calculations in the FLUKA code. The
accuracy of simulation results and calculation time in Track code are observed.
The investigation has been performed at the Dzhelepov Laboratory of Nuclear Problems,
JINR.
Communication of the Joint Institute for Nuclear Research. Dubna, 2007

INTRODUCTION
Increasing number of proton therapy centers indicates to the worldwide interest in exploiting and improving proton therapy techniques also in the future
[1]. Proton beams are successfully used for treatment cancer diseases. They have
advantageous physical and radiobiological properties in their use in radiotherapy
[2]. Minimal lateral diffusion, energy scattering and deposition of maximum
energy at the end of proton range allow delivering a high dose rate to the target
volume. Conformal radiotherapy requires accurate and precise geometric targeting of the tumor. A correct modiˇcation of beam parameters enables to spare
normal surrounding tissues from radiation action. In accordance with ˇrm therapy
needs, every treated lesion demands for individual beam preparation.
Our work is focused on passive beam-shaping techniques, which are used to
modify the proton beam properties [3, 4]. The beam passes through the appropriate system of scattering materials, energy degraders, drift spaces and collimators. This system will be referred as a scattering system. There are relatively
good base of established Monte Carlo (MC) codes to solve such proton transport tasks, namely, FLUKA [5], Geant4 [6], MCNPX [7] or SHIELD-HIT [8].
Each offers a number of different physical models, radiation transport algorithms,
which potentially leads to signiˇcantly different predictions of results [9]. These
codes can solve a wide range of problems, however the main difˇculty remains in
their long computation time. The motivation to develop new specialized proton
transport codes speeding computations up along with keeping sufˇcient accuracy
can be seen elsewhere [10Ä14].
In order to model the proton beam transport through the scattering system,
the new MC computer code Track has been developed. The code Track can
predict output beam parameters modulated by various system adjustments and
helps to optimize them. It calculates a beam proˇle, creates beam emittance
diagram at a speciˇed position of the system and predicts proton beam depthdose distribution in a water phantom. In addition, it calculates beam losses on
individual components.
This paper presents a physical model implemented in a proton transport code
called Track. We compared preliminary calculations in Track with experimental
results and with a set of MC calculations in FLUKA code. The accuracy of
simulation results and calculation time in Track code are observed.
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1. METHODS
1.1. Input Beam. In the code Track the proton is characterized by its positional coordinates (x, y, z), direction coordinates (x , y  , z  ) and kinetic energy T .
Primary beam direction is in the y axis. The beam can be deˇned by emittance
diagram parameters in the planes (x, x ) and (z, z  ) separately [15]. The emittance diagram of the beam is randomly ˇlled in by a default number of particles
with the Gaussian beam proˇle. A collimated input beam models circular or
rectangular proˇle with the homogeneous proton distribution. The input beam
energy spectrum has the Gaussian form with the speciˇed mean value and the
standard deviation. Additionally, different energy spectra can be modeled, if their
distributions are available.
1.2. Scattering System. The scattering system consists of various materials
placed on the beam line, namely, scattering foils, energy degraders, energy modulators, collimators, drift spaces, boluses, etc [16]. Scattering elements are deˇned
by their position, material characteristics (effective charge, effective atomic mass
and density) and geometric shape. Total stopping powers calculated by computer
code PSTAR [17] were used to evaluate material slowing down properties in the
prepared form of the proton range-energy tables.
The scattering element should be described by the sequence of plane parallel
layers where each of them consists of one material. To increase the calculation
speed the proton passes through the scattering layer in a one single step. The
proton undergoes angular scattering and energy straggling in the simulation's
transport model. In the water phantom additionally elastic and inelastic scatterings, between proton and oxygen nucleus O16, are simulated. In an arbitrary
position of the scattering system the Track code can register proton positions,
angular deections and energies. This information is essential to create beam
emittance diagram, beam proˇle and proton energy spectra.
The code Track calculates at the beginning of a simulation output angular and
energy distributions necessary for the proton transport through the scattering layer.
Distributions are evaluated for incident protons of this kinetic energy sequence:
Tn = 300 · (1 − 0.01)n−1

[MeV]

(1)

The sequence (1) is decreasing with a difference of one per cent between neighboring proton kinetic energies, where the integer n goes from 1 to nmax = 638,
which deˇne minimal kinetic energy Tmin ≈ 0.5 MeV of a transported proton.
The transport of proton with kinetic energy less than Tmin ends. Each proton
kinetic energy Tp from 0.5 to 300 MeV can be assigned to a speciˇc energy
interval:
(2)
Tn+1  Tp  Tn
Kinetic energies Tn+1 and Tn belong to the sequence (1).
2

1.3. Angular Scattering. The proton traversing through the material undergoes a signiˇcantly large amount of scatterings with atomic electrons and nuclei.
This effect is called multiple Coulomb scattering. The angular scattering simulation is based on the Moliere multiple scattering theory [18Ä21]. First three
terms of Moliere distribution are considered to calculate the angular distributions.
Scattering layer with a relativeey large thickness t is automatically divided into
shorter thicknesses, whose values are produced by geometric series [22]:
ti = kR (1 − k)i−1 ,

(3)

where R is proton range in the material at the incident kinetic energy, i is
integer number from 1 to maximum 8. Constant k = 0.375 guarantees the
maximum splitting into eight shorter layers, while the Moliere theory is still valid.
Characteristic single scattering angle and effective value of screening angle are
calculated by numerical integration through all the layers of thicknesses ti [22].
The code Track calculates inverse cumulative distributions (ICD) of proton
angular deections θ (u) for all the layers in the scattering system as functions
of cumulative probability u. Consequently the output is saved in the tables.
Each table contains 1000 values with a constant step of cumulative probability
u. By picking a uniform random number u between 0 and 1, angular deection
is sampled as a result of the linear interpolation from the tabulated data [23].
This approach creates sharp ragged continuous probability distribution function,
especially for small angular deections. It may lead to broken beam proˇle in
the central part at distance from the acting scatterer. Therefore, the ˇrst ten of
tabulated small deections are approximated by a function

1/2
1/2
,
θ (u) = θ0 1 − (1 − 4u)

(4)

where θ0 is parameter calculated by least squares method. If one considers the
following approximation of probability distribution p (θ) for small deections θ


θ
θ
p (θ) ≈ 2 exp − 2 ,
(5)
θ0
θ0
then the cumulative distribution c (θ) can be expressed as
c (θ) ≈

θ2
θ4
−
.
2θ02
4θ04

(6)

The inversion of Eq. (6) leads to expression (4). This expression is used to sample
the deection angle θ (u) for random number u from interval [0, 0.01]. The
sampled deections of small angles then produce smooth continuous distribution.
3

1.4. Energy Straggling. The uctuations of proton energy loss in matter are
simulated in accordance with the Vavilov theory [24, 25]. The analytical Vavilov
distribution function was numerically analyzed for the purpose of calculations of
energy straggling distributions [26]. The code Track calculates ICD of kinetic
energy for protons leaving the target layers. The method to store ICD and
sample the kinetic energy is the same as discussed in Subsec. 1.3. with angular
deections.
1.5. Kinetic Energy and Angular Deection of a Scattered Proton. The
path length of protons in the scattering layer is approximately the same as the
layer thickness t, if protons incident perpendicularly and the layer are thin with
respect to the proton range. Proton entering into the layer with deection from
normal direction travels the larger path length because of geometrical reason.
One can assume that the main part of protons, transported through the scattering
system, has angular deection less than 0.43 rad from the beam axis. This value
corresponds to approximately 10% increase of the path length in the layer. Then
the majority of protons travel path length tp through the scattering layer
t < tp < t+10% ,

(7)

where path lengths t and t+10% correspond to proton angular deections from the
beam axis of 0 and 0.43 rad, respectively. The code Track calculates also ICD
functions for larger proton path length t+10% in the layer. Angular θ (u, Tp , tp )
and energy T (u, Tp , tp ) ICD functions depend approximately linear on the proton
kinetic energy Tp and path length tp within intervals (2) and (7), respectively,
for generated random number u. The error from this linearity is smaller than
1%. As discussed before, variable u represents random number from uniform
interval [0, 1].
The algorithm to sample new angular deection and kinetic energy of transported proton through the layer consists of these steps:
1. Speciˇcation of energies Tn and Tn+1 which satisfy the condition (2).
2. Generation of two random numbers uθ and uT from uniform interval
[0, 1]. Calculation of angles θ (uθ , Tn , t), θ (uθ , Tn+1 , t), θ (uθ , Tn , t+10% ),
T (uT , Tn+1 , t),
θ (uθ , Tn+1 , t+10% ) and energies T (uT , Tn , t),
T (uT , Tn , t+10% ), T (uT , Tn+1 , t+10% ) from calculated ICD tables.
3. Proton deection angle θ (uθ , Tp , tp ) and kinetic energy T (uT , Tp , tp ) after
scattering are calculated by linear interpolation of results from the previous
step 2.
Scattered proton is deected against initial direction about angle θ (uθ , Tp , tp )
and can rotate around with angle β, which is sampled from uniform interval
[0, 2 π]. Appropriate rotational transformations are applied to calculate the new
proton direction.
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1.6. The Water Phantom. Transport of protons in water phantom differs
from that in the scattering layers. Protons undergo elastic and inelastic scatterings on oxygen nuclei in the simulation. Interaction probability represents the
prepared cross section table. This depends on incident proton kinetic energy.
Inelastic interacted protons and some with kinetic energy less than 0.5 MeV are
stopped. Secondary protons interact as well as primary. The drift length of proton in simulation depends on its incident kinetic energy Tp . For energies (1) the
corresponding step lengths D (Tn ), on which the mean proton energy loss represents 1%, are calculated. Linear interpolation is used to calculate the drift D (Tp )
from two values D (Tn ) and D (Tn+1 ) according to (2). Angular θ (uθ , Tn )
and kinetic energy T (uT , Tn ) ICD functions described in Subsecs. 1.3. and 1.4
are calculated for proton kinetic energies (1) with corresponding drift in water
D (Tn ). Then these are functions of the two variables, i. e., random number and
incident kinetic energy, which are coupled with drift length. The new angular
deection θ (uθ , Tp ) and kinetic energy T (uT , Tp ) are calculated from two values
θ (uθ , Tn ), θ (uθ , Tn+1 ) and T (uT , Tn ), T (uT , Tn+1 ), respectively, using linear
interpolations
θ (uθ , Tn ) − θ (uθ , Tn+1 )
+ θ (uθ , Tn+1 ) ,
Tn − Tn+1

(8)

T (uT , Tn ) − T (uT , Tn+1 )
+ T (uT , Tn+1 ) .
Tn − Tn+1

(9)

θ (uθ , Tp ) = (Tp − Tn+1 )
T (uT , Tp ) = (Tp − Tn+1 )

The proton drift D (TP ) is divided into two parts
D1 (u, Tp ) = uD (Tp ) ,

(10)

D2 (u, Tp ) = (1 − u) D (Tp ) ,

(11)

where random number u is within uniform interval [0, 1]. The proton is transported ˇrst along the step D1 and its kinetic energy loss ΔT1 is proportional
to D1
D1
(Tp − T (uT , Tp )) .
ΔT1 = −
(12)
D (Tp )
At this position the new direction of proton is calculated with respect to deection
angle θ (up , Tp ). Elastic, inelastic or both interactions can occur between proton
and oxygen nucleus. In case no inelastic interaction occurs, proton is transported
to the end of drift D (TP ) with step D2 . Then kinetic energy loss ΔT2 of proton
is proportional to D2
ΔT2 = −

D2
(Tp − T (uT , Tp )) .
D (Tp )
5

(13)

The proton dose is calculated in the region of cylindrical shape. Each cylinder
®detector¯ with deˇned radius and height is situated one after the other so that
its axis is identical with beam axis. The dose released by a proton in the speciˇc
cylinder is proportional to the length of one straight proton track D inside this
cylinder
D Tp − T (uT , Tp )
,
(14)
Dose =
D (Tp )
M
where M is a mass of cylindrical detector.
1.7. Inelastic Interaction. Transport of primary proton after inelastic interaction ends. Its kinetic energy is released to secondary particles. The code Track
calculates transport of secondary protons only. The probability of creation 0, 1, 2
or 3 secondary protons is calculated in accordance with multiplicity evaluated in
ENDF-VI ˇle [27] and kinetic energy of incident proton. The energy transferred
to heavier charged particles (heavier than a proton) because their short range is
deposited at the site of interaction. Long-range particles (neutron, gamma) interact far from the proton track. They are assumed to leave the scoring geometry
without any energy deposition [11]. The energy fractions transferred to these
different types of particles are evaluated using ICRU 63 data [28]. The energy of
secondary protons is sampled from the emission spectra integrated over all angles,
which are evaluated in ENDF-VI ˇles. Input library of the code Track contains
ICD functions of secondary proton emission spectra. The angular deections
of secondary protons after interaction are calculated by using the Kalbach-Mann
systematic [29, 30].
1.8. Elastic Interaction. The angular deection of a proton after elastic
interaction on oxygen O16 nucleus is sampled from ICD functions, which are
saved in tables. Calculation of these ICD functions is based on inversion of the
integral of the net elastic scattering cross section
σe (μ, E) = σN I (E)PN I (μ, E) + σC (μ, E),

(15)

where μ is cosine of the scattering angle in the center of mass system, E is
kinetic energy of the incident proton in the laboratory system, σN I (E) is integral
of nuclear plus interference components of the elastic scattering cross section,
PN I (μ, E) is nuclear plus interference cross section, σC (μ, E) is differential
Coulomb scattering cross section evaluated in [27]. The functions σN I (E) and
PN I (μ, E) are evaluated in ENDF-VI ˇle. Energy of scattered proton results from
the kinematical conditions of elastic scattering. Energy transferred to oxygen is
deposited at the site of interaction.
2. RESULTS
On the proton therapeutical beam of the DLNP, JINR Dubna phasotron,
depth-dose distributions in water phantom were measured. Inuence of forming
6

Fig. 1. Scheme of the experimental set-up. Collimators C1 and C2 absorb scattered protons
above the useful ˇeld. Energy degrader ED slows down the proton energy. Collimator FC
forms proton ˇeld incident to the water phantom

collimator dimensions on shape of the Bragg curve was observed. The material of
these collimators was copper and Cerrobend (alloy of Pb Å 25%, Sn Å 12.5%,
Bi Å 50% and Cd Å 12.5%). The dose was measured by silicon diode within
water phantom along the beam axis. The layout of experimental set-up is shown
in Fig. 1. The collimator C2 deˇnes the input beam proˇle used in simulation.
The same conditions of the proton beam transport were simulated with the code
Track. The simulation starts at the output of the the collimator C2, where the
model of input beam is deˇned. Acting of air was not considered in this study,
because of its low effect on beam degrading and scattering.
The measured depth-dose distribution cannot be reproduced by simulation
with proton beam with Gaussian form of the energy spectrum only. The model
of real energy spectrum is then determined by the following technique. The
depth-dose distribution obtained experimentally in the water phantom was ˇtted
by function

wi · Dosei (tw ) ,
(16)
Dose(tw ) =
i

where Dose(tw ) is dose distribution depending on the depth tw in water, wi
is wanted parameter for ith simulated distribution Dosei (tw ) of monoenergetic
proton beam with energy
Ti = 70 + 2i

[MeV]

(17)

for integer i from 0 to 58. The set of distributions Dosei (tw ) was calculated in
the Track code. Consequently by iterative process the suitable values of wi were
found to match dose distribution (16) with that obtained experimentally. The
relation between parameters wi and corresponding energies Ti was approximated
by two functions (18), (19). These functions were associated with energy spectrum of input beam (see Fig. 2). Their integral is normalized to unity. The energy
degrader ED stops protons with kinetic energy less than approximately 70 MeV,
therefore these are not considered in simulated spectra.
7

Fig. 2. Kinetic energy spectra of input proton beam used in simulations

The ˇrst function has Gaussian form with a mean value of 172.5 MeV and
a standard deviation of 2.7 MeV (18). Second function (19) has a form of
exponential growth.
y1 (Tp ) = 0.114 exp (−0.5(Tp − 172.5)2 /2.72 ); 167  Tp < 186 MeV,

(18)

y2 (Tp ) = 5 · 10−4 + 2.7 · 10−7 exp (Tp /15.54) ; 70  Tp < 167 MeV.

(19)

Presented model of energy spectrum is not certainly accurate, but is sufˇcient
to describe real proton beam in our simulations. Low energy part ®tail¯ in this
spectrum can be explained as follows. Proton beam is broad enough to hit walls
of vacuum channel and ˇrst collimator before entering the therapeutical room.
Some protons are slowed down in these walls and scattered back to the beam
axis.
Figure 3 shows depth-dose distributions behind Cerrobend collimators. The
lengths L of collimators FC were approximately the same. In Fig. 4 one can see
different dose distributions behind copper collimators with the same aperture D
and various lengths L. The lower area of the beam is transmitted through the
longer collimator. Then the Bragg peak is lower.
The energy degrader ED additionally scatters protons to the collimator walls.
The reduced diameter of collimator FC causes drop of Bragg peak to a lower level.
In the case of narrow beam, the number of protons scattered out from the beam
axis in phantom is lower than the number of protons incoming from the beam
border. Entrance beam dose increase by protons slowed down in the collimator
8

Fig. 3. Depth-dose distributions of proton beam in water phantom behind Cerrobend
collimators of various aperture D and length L. Symbols represent experimental data,
lines denote simulations

Fig. 4. Depth-dose distributions of proton beam in water phantom behind copper collimators
of various aperture D and length L. Symbols represent experimental data, lines denote
simulations

FC walls. The contribution of slowed protons is lower behind collimator FC with
bigger aperture.
Additional simulations were done in Track and FLUKA codes. Parallel
monoenergetic proton beam incidents to the water phantom. Beam proˇle was
circular with diameter of 20 mm. The dose was calculated in the slabs oriented
perpendicular to the incident beam, having an area of 100 cm2 and thickness of
0.1 mm. The detected area is broad enough compared to the incident beam. This
9

Fig. 5. Depth-dose distributions of monoenergetic proton beams with incident kinetic
energies of 40 and 70 MeV in water phantom. Simulations are performed with the Track
and FLUKA codes

Fig. 6. Depth-dose distributions of monoenergetic proton beams with incident kinetic
energies of 100 and 175 MeV in water phantom. Simulations are performed with the
Track and FLUKA codes

absorbs all the transported protons. Only long-range particles (neutron, gamma)
in FLUKA simulations can leave this scoring geometry. Figures 5, 6 show
simulated depth-dose distributions of monoenergetic proton beams with energies
of (40, 70) and (100, 175) MeV, respectively. The detailed trends of simulated
depth-dose distributions in the Bragg peak region for these two codes are shown
in Fig. 7.
The simulation with the Track code is approximately 12 times faster compared
to the FLUKA code. The calculation time was measured on the same computer
with identical simulation conditions. Althogh the word ®identical¯ is not fully
correct, because the FLUKA code additionally provides the detailed transport of
10

Fig. 7. Detailed shapes of simulated depth-dose distributions in the Bragg peak region.
Simulations are performed with the Track and FLUKA codes for monoenergetic 40, 70,
100 and 175 MeV proton beams

secondary particles such as neutrons, gamma and charged particles heavier than
proton, what increases the calculation time.

CONCLUSIONS
Our new Track Monte Carlo code showed very good agreement with experimental data. From obtained results we can conclude that it simulates accurately
enough all the scattering system: scattering materials, degraders, collimators, drift
spaces, and also water phantom.
We observed effect of scattered protons for collimator with different apertures, lengths and materials. The collimator effect is bigger for collimators with
lower aperture. Track code allowed us to predict this effect as well as its quantitatively dose contribution.
Comparison of dose distributions calculated with Track and FLUKA MC
codes indicated that Track code overestimates the FLUKA results up to about
10% in the Bragg peak region. It can be connected with different physical
approach used in the codes. The FLUKA code transports also neutrons, gamma
and heavy ions, created in inelastic interactions and Track does not. The big
11

advantage of Track code comparing with FLUKA is the time of calculating:
Track is approximately 12 times faster compared to the FLUKA code.
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